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Abstract 
Due to the illiquidity of inventories pledged, the essential of price risk management of supply 
chain finance is to long-term price risk measure. Long memory in volatility, which attests a slower 
than exponential decay in the autocorrelation function of standard proxies of volatility, yields an 
additional improvement in specification of multi-period volatility models and further impact on 
the term structure of risk. Thus, long memory is indispensable to model and measure long-term 
risk. This paper sheds new light on the impact of the existence and persistence of long memory in 
volatility on inventory portfolio optimization. Firstly, we investigate the existence of long memory 
in volatility of the inventory returns, and examine the impact of long memory on the modeling and 
forecasting of multi-period volatility, the dependence structure between inventory returns and 
portfolio optimization. Secondly, we further explore the impact of the persistence of long memory 
in volatility on the efficient frontier of inventory portfolio via a data generation process with dif-
ferent long memory parameter in the FIGARCH model. The extensive Monte Carlo evidence reveals 
that both GARCH and IGARCH models without accounting for long memory will misestimate the 
actual long-term risk of the inventory portfolio and further bias the efficient frontier; besides, 
through A sensitive analysis of long memory parameter d, it is proved that the portfolio with 
higher long memory parameter possesses higher expected return and lower risk level. In conclu-
sion, banks and other participants will benefit from the long memory taken into the long-term 
price risk measure and portfolio optimization in supply chain finance. 
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1. Introduction 
As a significant part at the intersection of supply chain management and trade finance, supply chain finance (SCF) 
has become one of the hottest topics in business administration [1]. SCF is the inter-company optimization of fi-
nancing as well as the integration of financing processes with customers, suppliers, and service providers in order 
to increase the value of all participating companies [2]. It aims to close the gap between our knowledge on prod-
uct and information flow oriented innovations and financial flow innovations along the supply chain [3]. The 
spectrum of SCF ranges from pre-shipment financing like raw material financing, purchase-order financing, in- 
transit inventory financing like vendor-managed inventory finance, third party inventory finance to post-shipment 
financing like receivables financing, early payment discount programs and payables extension financing [4]. 

In China, SCF somewhat differs from western countries like America, Europe, which is a sort of pledge busi-
ness performed by banks, focal companies, SMEs (small & medium enterprises), logistics companies and so on. 
Besides, the pledges are mainly the inventories traded in the spot commodity market (such as raw materials, 
half-finished products and products) rather than the widely-used rights pledges (receivables financing, payables 
financing and derivatives) in developed countries. In conclusion, SCF in China takes form of inventory financ-
ing or logistics financing. It is not only an extended business of modern logistics, but more importantly, helps to 
solve the financing predicament problems of many SMEs. According to CSCMP China (Council of Supply 
Chain Management Professionals China), the amount of financing balance of SCF will reach 15,000 billion Yu-
an RMB in 2020. Although the potential of SCF in China is immense; it faces various complex challenges, es-
pecially the credit risk management of borrowers. 

In SCF practice of China, pledged inventories play a crucial role in mitigating credit risk of SMEs. In the cas-
es of credit risk of SMEs, lenders’ loss can be reduced by selling pledged inventories received [5]. Thus, the 
lenders tend to face price risk of pledged inventories rather than credit risk of counterparty, especially when the 
prices of some inventories fluctuate randomly as the financial assets, such as prices of steel, crude oil and non- 
ferrous metals. In this sense, a reasonable price risk measure of inventories can efficiently alleviate the credit 
risk that banks are confronted with. Therefore, the key issue of risk management of SCF is how to investigate 
price risk of pledged inventories whose price fluctuates randomly. Furthermore, the market liquidity of spot 
commodity in inventory financing is not as good as that of financial assets, such as stocks and bonds, which thus 
extends the risk holding horizon of banks. Therefore, the essence of measuring inventories’ price risk is to pre-
dict its long-term price risk. 

For this reason, multi-period volatility is a key ingredient in the long-term price risk measure, see, e.g., Ghy-
sels et al. [6]; Kinateder & Wagner [7]. The most popular method for modeling volatility is the GARCH type 
models which capture most of the stylized features of returns volatility in a fairly parsimonious and convincing 
way. In general, standard GARCH model is hard to be outperformed in terms of forecasting volatility at short 
horizons (Hansen & Lunde [8]), whereas when extending the forecast horizon beyond one day, issues related to 
the proper modeling of long-term volatility dependencies become especially important (Andersen & Bollerslev, 
[9]). Put another way, volatility models that account for long memory (LM, or long-range dependence), are able 
to generate better out-of-sample forecast at long horizons. Actually, long memory is an intrinsic property of time 
series behavior of financial market volatility and refers to a slow decay of the autocorrelation function of stan-
dard proxies of volatility, i.e., the squared returns or absolute returns. Of particular interest is Baillie et al. [10], 
they proposed the Fractionally Integrated GARCH (FIGARCH) model to depict the long memory in volatility. 
In contrast to a GARCH model (an I(0) process, 0d = ) in which shocks die out at an exponential rate, or an 
IGARCH model (an I(1) process, 1d = ) in which there is no mean reversion, shocks to FIGARCH model (an 
I(d) process) with 0 1d< <  dissipate at a slow hyperbolic rate. Accounting for long memory yields an addi-
tional improvement in specification of volatility models and further impact on the term structure of volatility. 
Furthermore, numerous recent studies have shown that volatility of commodities with increasing financialization 
at long horizon can be more accurately forecasted through accounting for long memory via FIGARCH model 
especially for energy commodities and precious metals (e.g., Elder et al. [11]; Cunado et al. [12]; Aloui et al. 
[13]; Arouri et al. [14]; Charles et al., [15]; Charfeddine [16] and Youssef et al. [17]). Thus, long memory is in-
dispensable to model and forecast the multi-period volatility and long-term price risk of inventory in SCF. 

It is also worth noting that, since single inventory financing is commonly used in SCF practice, literature 
dealing with multivariate portfolio cases is scarce while single inventory are widely investigated (He et al., [18]). 
In recent years, there have been several default events caused by price collapse of inventories in which both 
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commercial banks and logistics enterprises suffered heavy losses. One important reason is that no reasonable 
inventory portfolio was constructed to diversify the price risk. Therefore, with the rapid development of SCF 
practice in China, it has become an extremely crucial issue to practice inventory financing based on portfolio 
theory. 

Indeed, portfolio optimization and diversification have been instrumental in developing financial markets and 
improving financial decision making since Markowitz [19] put forward mean-variance portfolio theory. As the 
portfolio theory argued, banks can benefit from diversification by selecting inventory portfolio with lower cor-
relations. However, the returns of assets are subjected to follow joint normal distribution, and accordingly, the 
dependence between financial assets is usually specified by linear correlation. Obviously, the normal distribu-
tion assumption depart from the stylized facts of financial assets, e.g., fat tails and excess kurtosis. Besides, the 
linear correlation is failed to depict non-linear dependence, especially the tail dependence causing extreme loss. 
The multivariate GARCH modes are used to depict the conditional dependence of financial assets, e.g., 
GARCH-DCC model proposed by Engle [20]. However, the major problem of the multivariate GARCH models 
lies on the “dimensionality curse”, which makes most of the standard techniques available for univariate time 
series unfeasible. 

The Copula based models proposed by Sklar [21] can depict flexibly conditional dependence of between two 
or more random variables, especially tail correlation with simple parameters. The advantage of Copula lies in 
allowing the researcher to specify the models for the marginal distributions separately from the dependence 
structure, which facilitated the study of high-dimension portfolio optimization, especially the pioneering work of 
Embrechts et al. [22]. Based on the seminal studies, a large volume of literature deals with the risk management 
of portfolio via Copula-GARCH model, including depiction of assets’ dependence structure, risk measure and 
portfolio optimization (see, for instance, Jondeau and Rockinger [23]; Fantazzini [24]; Weiß [25]; Harris and 
Mazibas [26]; Ignatieva and Trück [27]). These research results have practical and theoretical significance on 
study of inventory portfolio’s conditional correlation, risk measure and capital allocation. However, the re-
searches of the above scholars mainly deal with the risks of stock indexes and hedge fund with Copula and 
GARCH, and moreover, vast majority of them concentrated on daily risk rather than long-term risk. Thus, the 
long memory is always ignored in the above research. However, the misspecifications in the marginal distribu-
tions do affect the estimation of the risk of portfolio [24]. Moreover, Bollerslev and Mikkelsenearly outlined the 
importance of long memory in optimal portfolio selection [28]. Therefore, it is of great significance to take the 
long memory property into long-term risk measure and optimization of inventory portfolio. 

To our best knowledge, long-term price risk was usually predicted through directly methods (i.e., resort to 
low frequency data to predict the long-term price risk) and scaling approach (square-root-of-time rule) in pre-
vious research. However, both two methods have defects. The direct methods has two shortcomings: first, the 
low frequency data (e.g., weekly data, monthly data, and quarterly data) has different characteristics from high- 
frequency data, such as the characteristics of non-stationary, volatility clustering and fat tail, so that the model 
for analyzing high-frequency data would be invalid for low-frequency data. Second, the incomplete price data-
base of spot commodity of China will amplify the “small sample problem” of low frequency data. As for the 
square-root-of-time rule, the mean reversion effect will bias the long-term risk on the basis of volatility term 
structure theory (Andersen et al. [29]), albeit the slow hyperbolic decay rate of long memory volatility models 
will mitigate the mean reversion effect, i.e., long memory volatility models belong to a mean-reverting fraction-
ally integrated process. Thus, it is crucial to seek a more reasonable method for long-term risk measure with 
long memory of inventory portfolio. 

In summary, there is no formal study to investigate the inventory portfolio optimization in the presence of 
long memory, in particular, from the perspective of long-term price risk. This paper aims to investigate the im-
pact of the existence and persistence of long memory in volatility on inventory portfolio optimization in supply 
chain finance in threefold: 1) the existence of long memory in volatility of inventory portfolio; 2) how the long 
memory impact on modeling and forecasting long-term risk and the efficient frontier of inventory portfolio; 3) 
the relationship between the degree of long memory and the risk term structure. 

For the purpose, we first establish a Mean-CVaR optimization framework from the perspective of long-term 
risk with long memory. Furthermore, a hybrid approach to measure long-term risk of inventory portfolio with 
long memory is proposed. As our methodological contributions, this approach includes the iterated method for 
multi-period volatility with long memory and the Monte Carlo simulation for standardized residuals by resorting 
to ARFIMA-FIGARCH-EVT type models and Multivariate student’s t Copula. Using our novel methodological 
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framework, we provide a comprehensive empirical study, including the true data sample (Copper, Aluminum 
and Oil) and simulated data via data generation processes with different persistence parameters of long memory. 
The main findings are presented as follows: 

First and foremost, we find extremely robust evidence that the long memory in volatility, as well as high order 
autocorrelation, fat tails and volatility clustering, is a common salient feature (i.e., 0 1d< < ) of three widely 
used samples (Copper, Aluminum and Oil). 

Second, compared with the FIGRCH model, both GARCH (d = 0) and IGARCH (d = 1) models will misesti-
mate the multi-period volatility, further bias the dependence structure of standardized residuals, and finally mi-
sestimate the actual risk level of inventory portfolio. For instance, for the shorter term risk windows (daily to 
biweekly), if the bank is conservative (i.e., risk averse), the IGARCH models will underestimate the actual risk 
level; if the bank is aggressive (i.e., risk lover), the IGARCH models will overestimate the real risk level. In 
contrast, when it comes to the long-term risk windows (monthly to quarterly), the IGARCH models will unde-
restimate the real risk level, regardless of that the bank is aggressive or conservative. 

Third, as the risk window becomes longer, the discrepancy between the efficient frontiers with long memory 
in volatility and without long memory in volatility become lager. This finding indicates that if the long memory 
is ruled out, the actual risk level will be misestimated, especially in the long-term risk measure, such as monthly 
and quarterly measure. 

Last, through a sensitive analysis of long memory parameter d that other parameters (i.e., 1 1,φ β  and ω ) of 
conditional volatility with long memory are fixed, we find that as the long memory parameter d ( 0 1d< < ) in-
creases, the efficient frontier of portfolio will be improved, i.e., the portfolios in the efficient frontier possess 
higher expected return and lower risk. This finding is of significant importance to inventory portfolio selection 
for banks and other participants in supply chain finance. 

The remainder of this paper is organized as follows. Section 2 proposes an optimization framework of inven-
tory portfolio from the perspective of long-term price measure. Section 3 presents empirical methodology. Sec-
tion 4 provides empirical application. Section 5 is the sensitive analysis of long memory parameter to efficient 
frontier of portfolio. The last Section is Conclusion. 

2. Model 
To give insights into how long memory in volatility affect the frontier of inventory portfolio, this section first 
proposes an optimization framework of inventory portfolio which is consistent with the characteristics of spot in-
ventories. As noted in the introduction, due to the illiquidity of spot inventories in SCF practice, the key to mea-
suring inventories’ price risk is to predict its long-term price risk. The models are composed of two parts: first, we 
propose a coherent long-term risk measure of inventory portfolio with time varying volatility: Conditional Value 
at Risk, CVaR; furthermore, we put forward a Mean-CVaR optimization framework for inventory portfolio. 

2.1. Long-Term Price Risk Measures of Inventory Portfolio 
We assume the inventory portfolio consists of m individual spot commodities, with portfolio weight vector

[ ]T1, , mw w= w . The return of spot commodity i from t to t + h is defined as 1, ,, ,l t T m t hR R R+ + =   , where  

( ), , , ,i t h i t h i t i tR P P P+ += − . Accordingly, the return of portfolio is defined as , ,1
m

p t h i t h iiR R w+ +=
= ∑ . 

In the traditional mean-variance optimization framework, variance has been criticized because it treats down-
side risk and upside risk as equally important while the investors put a greater emphasis on downside risk. As a 
popular measure of risk, VaR (Value at Risk) has achieved the high status of being written into industry regula-
tions, e.g., Basel II Accord. However, it can neither diversify risks reasonably nor depict tail loss precisely under 
non-normal distribution for lacking of subadditivity in coherent risk measure proposed by Artzner [30]. As an 
improved version of VaR, CVaR can be defined as the conditional expectation of portfolio loss, which is always 
used to depict tail loss more accurately. In mathematical terms, CVaR is presented by E L L VaR >   . There-
fore, as the pioneer work of Rockafellar and Uryasey [31], we first define the negative value of long-term re-
turns of inventory portfolio as loss function, i.e., ( ), l lf w R wR= − . The CVaR of portfolio under confidence 
level of q is presented as follows: 

( ) ( )min ,q qCVaR w F w α=                                   (1) 
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where ( ) ( ) ( ) ( )1, 1 , d
l

q l l lR
F q f pα α α

+−

∈ℜ
 = + − − ∫w w R R R , [ ] { }max ,0π π+ = . That is to say, the CVaR  

could be calculated by minimizing ( ),qF αw . 

2.2. Mean-CVaR Optimization Framework of Inventory Portfolio 
According to Markowitz [19], the optimal portfolio weights are obtained by minimizing the risk of portfolio for a 
given level of expected return, or put another way, by maximizing the expected return of the portfolio for a given 
risk level. As indicated in the above, both variance and VaR are not good measures of risk. Therefore, similar to 
Quaranta and Zaffaroni [32] and Yao et al. [33], we set up Mean-CVaR optimization framework of inventory 
portfolio from the perspective of long-term risk measure. After solving the optimization problem, we could set 
optimal portfolios, i.e., the efficient frontier. 

( )
( )

min  

      s. t . 
              1
               0

l

l

m

CVaR wR

wE R G

w

−

≥

=

≥

1w
                                     (2) 

where ( )lEw R  is the expected return of inventory portfolio; G is a given minimal expected return, and finally 
1,  0m = ≥1w w  is the budget constraint; no short sales are permitted, which is consistent with the supply chain 

finance practice. 
Thus far, we have proposed the mean-CVaR optimization framework of inventory portfolio from the view-

point of long-term price risk. The hybrid approach including the iterated method for multi-period volatility with 
long memory and the Monte Carlo simulation will be proposed in the following. 

3. Empirical Methodology 
To investigate the impact of long memory on the optimization of inventory portfolio from the perspective of 
long-term price risk, this section put forward a hybrid approach based on ARFIMA-FIGARCH-EVT models and 
multivariate student’s t Copula model, which includes the iterated method for multi-period volatility with long 
memory and the Monte Carlo simulation for standardized residuals. This hybrid approach does not only overcome 
the defects of model based on low-frequency data (directed method) and square-root-of-time rule (scaling me-
thod), but also make it possible to depict the salient properties, e.g., long memory, fat tails and high order auto-
correlation of high-frequency daily returns through ARFIMA-FIGARCH-EVT, and capture the non-linear de-
pendence structure by multivariate student’s t Copula. 

3.1. The Modeling of Marginal Distribution Based on ARFIMA-FIGARCH-EVT Model 
Modeling and forecasting multi-period volatility are of great importance to measuring long-term price risk of in-
ventory portfolio. In this section, we undertake a comprehensive empirical examination of multi-periodvolatility 
forecasting approaches, rather than merely the simple direct methods and square root scaling rule. Besides, we in-
troduce ARFIMA-FIGARCH-EVT type models into the modeling since they can account for both long memory 
and other stylized facts or salient properties, such as high order autocorrelation, fat tails and volatility clustering 
of commodity return series. 

3.1.1. Conditional Mean 
In this paper, the daily returns are represented by changes in the logarithms of pledged inventory price, and the 
daily logarithmic returns (log-returns) are defined as follows: 

t t t t t tx zµ ε µ σ= + = +                                   (3) 

where tµ  denotes conditional mean; tε  is residual; tσ  is conditional volatility; tz  is innovation (referred 
as standardized residual in the empirical study), which follows independent and identical distribution with zero 
mean and unit variance. In the empirical analysis, we assume that the standardized residuals follow the Skewed 
Student-t distribution which can capture asymmetry and fat tails of log-returns of spot inventories.  

To address the high order autocorrelation and long memory behavior in conditional mean tµ , we fit 
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ARFIMA (Autoregressive Fractionally Integrated Moving Average) model and then apply LL (log likelihood), 
AIC (Akaike information criteria) and BIC (Bayesian information criteria) to setting orders; 

( )( ) ( ) ( )1 md
t t tL L x Lφ µ θ ε− − =                                (4) 

where L is lag operator; [ ]0,1md ∈  is fractional integration parameter; ( ) 11 p i
iiL Lφ φ

=
= −∑ , 

( ) 11 q i
iiL Lθ θ

=
= −∑  are the polynomials of orders p and q respectively. 

3.1.2. Multi-Period Conditional Volatility with Long Memory 
It is well known that a GARCH model features an exponential decay in the autocorrelation of conditional va-
riances, but squared and absolute returns of financial assets typically have a slower exponential decay pattern. 
Besides, a shock in volatility series seems to have very long memory and have an impact on future volatility over 
a long horizon. Although this effect can be captured by IGARCH model, a shock in IGARCH model affects fu-
ture volatility over an infinite horizon and the unconditional variance does not exist in the model, which implies 
that shocks to the conditional variance persist infinitely. For this reason, IGARCH may not be effective enough in 
risk measure because the IGARCH assumption could make the long-term volatility very sensitive to initial condi-
tion (Baillie et al. [10]). Besides, it is difficult to reconcile with the persistence observed after large shocks, such 
as the crash of financial crisis in 2008, and also with the perceived behavior of agents who typically do not fre-
quently and radically alter the compositions of their portfolios. Thus, the widespread observation of the IGARCH 
behavior may be an artifact of a long memory, and furthermore, the IGARCH model belongs to the family of 
shorter geometric memory (Davidson [34]). 

Therefore, in order to depict volatility clustering, long memory, and other salient characteristics of log-returns 
of inventories, we adopt nonlinear FIGARCH models to fit conditional volatility of returns of samples. 

The FIGARCH model, developed by Baillie et al. [10], enables us to model a slow decay of volatility (long 
memory behavior), and to distinguish between the long memory and short memory in the conditional variance as 
well. Formally, the FIGARCH (p,d,q) can be defined as follows: 

( ) ( ) ( )( )2 21 1 1 d
t tL L L Lβ σ ω β ε − = + − −Φ −                               (5) 

where L is the lag operator, such as 1t tLε ε −= , 0ω >  ( ) 1
p i

iiL Lβ β
=

= ∑ , ( ) 11 q i
iiL Lφ

=
Φ = −∑ . The parameter  

d is the fractional integration parameter and it can reflect the degree of long memory or the persistence of shocks 
to conditional variance, and satisfies the condition 0 1d≤ ≤ . When 0 1d< < , the volatility shocks dissipate 
following a hyperbolic rate of decay. When 0d = , the model has a short memory and reduces to the GARCH (p, 
q) model. When 1d = , the model becomes IGARCH (p,q) model, whose variance process is no longer mean- 
reverting.  

In the following, the h-period-ahead forecasts of FIGARCH class models can be obtained most easily by recur-
sive substitution (i.e., iterated approach). The FIGARCH (p,d,q) process may be rewritten as the infinite order 
ARCH process. 

( ) ( )12 21 1t tLσ ω β Ψ ε
−

= − +                                      (6) 

where ( ) ( )( ) ( )( )-1

1 1 1 1 dh
hL L L L LΨ ψ β∞= = − − Φ −∑ , and ( )1 1Ψ =  forevery ( )0 1d d< < , with 0hψ ≥   

for 1, 2,h =  , and hence, the unconditional variance of tε  does not exist. As in the IGARCH case, the 
FIGARCH process is not covariance stationary. A key feature of the FIGARCH model is that the lag coefficients 
are ( )1d

h hψ Ο − −=  (see e.g., Davidson [34]; Baillie et al. [35]). Hence, the conditional variance can be ex-
pressed as a distributed lag of past squared returns with coefficients that decay at a slow hyperbolic rate, which is 
consistent with the long memory. 

A simple version of the FIGARCH model, which is sufficient to model conditional volatility and appears to 
be particularly useful in practice, is the FIGARCH (1,d,1) process. The h-period-ahead forecasts of FIGARCH 
(1,d,1) model is shown in the following (see [29] [36]). 

( )( )2 2 2
1 1 11 1 2 1 1 1 d

tt t t t L L Lσ ω β σ β φ ε− − −
 = + + − − − −                          (7) 
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( ) ( )12 2
11 1 21t h t h t h t hLσ ω β Ψ σ−

+ + − + − + −= − +                            (8) 

where ( ) ( ) ( )( )1
1 11 1 1 1 1 dh

hL L L L LΨ ψ β φ−∞= = − − − −∑  can be calculated from the iterative scheme, 

1 1 1 dψ φ β= − +  

( ) 1
1 1 1 11h h hh d hψ βψ φ κ−

− − = + − − −   

where ( ) 1
1 1h h h d hκ κ −
−≡ − −  refers to the coefficients in the MacLaurin series expansion of the fractional 

differencing operator ( )1 dL− . 
This iterated approach seems viable and is an improvement of the simple scaling approach when the volatilities 

of the returns are time-varying and persistent. Moreover, we can use daily data to estimate parameters of the 
model, so it is more efficient than the direct approach. It is worth noting that since we are iterating the forecasts 
and summing them, then small errors due to model misspecification will be amplified. For the reasons above, this 
paper proposes a hybrid approach consisted of the iterated approach and Monte Carlo simulation. Indeed, a “hy-
brid” model that accounts for important features of various models might significantly improve the volatility fo-
recasting and risk management. In addition, this approach could be a simple and elegant way to achieve better 
forecasts from “hybrid” specifications and to “hedge” against forecasting with the “wrong” model (see Patton and 
Sheppard [37]). 

3.1.3. Tail Distribution Estimation Based on Extreme Value Theory 
To depict the skewness and fat tails of log-returns of inventory, we set the standardized residuals follow the 
Skewed Student-t distribution. The previous research shows that due to the small sample problem of extreme vo-
latility, tail risk might be underestimated even though the fat-tails distributions are adopted (e.g. Gençay et al. 
[38], He et al. [18]). Thus, we introduce extreme value theory to depict the tail distribution of standardized resi-
dual series. In particular, the Peaks-Over-Threshold (POT) approach appears to be more popular due to that have 
a more accurate description of tails distribution for log-returns of inventory pledged in application. With resorting 
to the POT approach, we practice goodness-of-fitting through semi-parametric method with right and left tail fit-
ted by Generalized Pareto Distribution (GPD) and center part fitted by Gaussian kernel density function. The 
semi-parametric method at least bring two advantages, on one hand, the samples in the center can be thoroughly 
made use of; on the other hand, data in the tail part fitted with GPD distribution can have greater estimation ca-
pacities than sample data. The more details can be seen from Gençay et al. [38] and McNeil et al. [39]. 

( ) ( )

1

1

1

                       

1 1

L

R

L L
L Lu

L

L R
Z

R R
R Ru

R

N u z z u
N

F z z u z u

N z u z u
N

ξ

ξ

ξ
β

ξ
β

−

−

  − + <   


= Φ < <


  −
− + > 

 

                   (9) 

where Lξ , Rξ  are shape parameters for the left and the right tail respectively; Lβ , Rβ  are scale para-
meters for the left and the right tail respectively; L

uN , R
uN  are the number of samples for threshold of the 

left and the right tail respectively.  

3.2. Multivariate Copula Model for Non-Linear Dependence of Inventory Portfolio 
As indicated above, the advantage of Copulais that it separates marginal distributions and dependence structure 
from joint distribution. After transforming the standardized residuals into uniform variables by the semi-parame- 
tric empirical CDF derived above, we set up Copula distribution function as follows: 

( ) ( ) ( ) ( )( )1, 2, , 1 1, 2 2, ,, , , , ,t t m t t t m m tH z z z C F z F z F z=                    (10) 

where ( )H ⋅  denotes multivariate joint distribution function; ( ) , 1, 2, ,iF i n⋅ =   is marginal distribution 
function; C is Copula. Density function is given as follows: 
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( ) ( ) ( ) ( )1, 2, ,
1, 2, , 1 2 ,

11, 2, ,

, , ,
, , , , , ,

m
t t m t

t t m t m i i t
it t m t

H z z z
h z z z c u u u f z

z z z =

∂
= = ×

∂ ∂ ∂ ∏


 



            (11) 

where ( ),i i i tu F z=  and ( )1 2, , , mc u u u  is Copula density function. 
The student’s t Copula is widely used for its excellent fit to multivariate financial return data. Compared 

with the normal Copula, the student’s t Copula is a better approximation to true Copula when portfolio di-
mensionality increases, even though the possibility of misspecification still exists (see Chen, Fan and Patton 
[40]). Thus, we believe that multivariate student’s t Copula is tractable and accurate enough to model wide 
range of financial portfolio cases. The Inference Function for Margins (IFM) method is used for parameter 
estimation, which reduces the scale of the numerical problems to be solved, yielding a huge reduction in 
complexity and in computational time (see Patton [41]). 

3.3. Efficient Frontier of Inventory Portfolio Based on Monte Carlo Simulation 
To obtain efficient frontier of inventory portfolio, the procedures are presented as follows: 

Firstly, given the parameters of the multivariate student’s t Copula, we simulate jointly dependent inventory 
returns by first simulating the corresponding dependent standardized residuals. For this end, we simulate n in-
dependent random trials of dependent standardized residuals over a risk holding horizon of h trading days, and 
obtain h m n× ×  pseudo random number matrix ′U . Then, by extrapolating into the GPD tails and interpolat-
ing into the smoothed interior, transform ′U  to standardized residuals ′Z  via the inversion of the semi-pa- 
rametric marginal CDF of each spot commodity. 

Secondly, regard the simulated standardized residuals as the input innovation process, reintroduce mul-
ti-period conditional mean and volatility via iterated methods via the formula , , , ,i t i t i t i tx zµ σ= +  and then obtain 
the log-returns matrix X of h m n× ×  portfolio through matrix transformation. 

Thirdly, we obtain the m n×  matrix of portfolio long-term log-returns in following h trading days based on  
the additivity of log-returns, i.e., 1

h
l t jj +=
= ∑X X . In order to avoid errors in calculating long-term risk of port-  

folio through logarithmic returns, we convert logarithmic returns into arithmetic return matrix, i.e., ( )e 1l
l = −XR . 

At last, we obtain the efficient frontier of the inventory portfolio under the optimization framework of Mean- 
CVaR at the certain confidence level. 

4. Empirical Application 
4.1. Sample Selection and Preliminary Analysis of Data  
Sample selection is based on the following principles. First, all samples should be widely used inventories of 
good liquidity by banks. Second, the size of samples should be adequate and the data source should be reliable. At 
last, in order to diversify risk through inventory portfolio, inventories of weak correlation are favored. Consider-
ing the principles above, the average daily trading price of such important industrial materials as Yangtze spot 
Copper, Yangtze spot Aluminum, Heating oil (Guangzhou Huangpu) (referred as Copper, Aluminum, Oilin the 
sequel) are selected as samples. The choice of these major commodities is motivated by the fact that they alto-
gether represent the strategic commodities that have significant influences on the real sector, financial sector, and 
economic growth of national economy. In order to avoid pseudo correlation of data due to holidays, the samples 
are selected from January 4th of 2005 to October 9th of 2013, and only when the three kinds of samples are 
traded simultaneously can they be taken as samples. The sample size is divided into two parts. The first part con-
sists of an estimation (in-sample) period with T observations, and an evaluation (out-of-sample) period with h 
observations. The in-sample period ranges from the beginning of each time series to the June 30th of 2013. The 
rest of them are out-of-sample period. This total period of time witnessed the fast rise in prices of commodities 
before the word financial crisis and the collapse followed. 

The time series of log-returns of the three samples and the matrix of Kendall rank correlation coefficient τ are 
shown in Figure 1 and Table 1. According to Table 1, there is weak dependence structure among the three 
commodities, which indicates that this portfolio sample is reasonable in terms of risk diversification. 

As indicated in Figure 1, the log-returns of Copper, Aluminum and Oil have significant volatility clustering 
and they get more distinct around financial crisis of 2008, which proves that the three pledged inventories suffered  
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Figure 1. Time series of log-returns of Copper, Aluminum, and Oil. Data 
source: shanghai futures exchange (http://www.futuresmonthly.com).                  

 
Table 1. Kendall rank correlation coefficient matrix for log-returns of Copper, Aluminum and Oila.                                

 Copper Aluminum Oil 

Copper 1.00 0.399 0.172 

Aluminum 0.399 1.000 0.133 

Oil 0.172 0.133 1.000 
aA key attribute of a dependence measure for providing guidance on the form of the Copula is that it should be a pure measure of dependence or scale 
invariant, and should be unaffected by strictly increasing transformations of the data. Obviously, linear correlation is not scale invariant and is af-
fected by the marginal distributions of the data. Thus, the Kendall rank correlation is used to depict the dependence in this paper. 
 
collapse in price during the period. The detailed statistical descriptions of three return series are presented in 
Table 2. First, the three returns generally exhibit negative skewness and leptokurtosis (the excess kurtosis is 
significantly above 0) and reject the null hypothesis of Jarque-Bera test, all which indicates that neither series is 
unconditional normal. Furthermore, the null hypothesis of ADF (Augmented Dickey-Fuller) unit root test for 
three log-returns is rejected under level of 1%, which indicates that the three log-returns series are stationary, 
and thus are appropriate for further analysis. At last, the Lagrange Multiplier test for the presence of the ARCH 
effect indicates clearly that all log-returns show strong conditional heteroscedasticity, a common feature of fi-
nancial data. In a nutshell, descriptive statistics show that return series of the three spot commodities possess 
some intrinsicfeatures, including high kurtosis, negative skewness and time varying volatility. For this reason, 
GARCH class models should be used to describe the dynamics behaviors of these return series. 

A preliminary analysis of autocorrelation and partial autocorrelation function of log-returns and autocorrela-
tion function of squared log-returns of three spot commodity samples, presented in Figure 2, shows that these 
functions decay slowly to zero as lags increase. The analysis may indicate that there is high order autocorrela-
tion in log-returns and dual long memory in both mean and variance. To address this, the ARFIMA-FIGARCH 
class models will be effective in modeling these log-returns series. 

4.2. Results of Long Memory Tests  
Long memory in volatility is an intrinsic empirical feature of any financial variables. The presence of long mem-
ory in the volatility of the time series implies that there is nonlinear dependence in the dynamics volatility process, 
which thus promotes the potential of long-term predictability of the volatility. Testing for long memory property 
is an essential task since any evidence of long memory in volatility would support the use of long memory  
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Table 2. Descriptive statistics, ARCH LM test and unit root testsa.                                                            

 Copper Aluminum Oil 

Mean (%) 0.024 −0.005 0.038 

Std. Dev. 0.017 0.009 0.007 

Skewness −0.247 −0.615 −0.851 

Excess Kurtosis 6.221 11.620 25.091 

J-B 3240.3*** 11,360*** 52,624*** 

ARCH(10) 41.712*** 57.499*** 38.377*** 

ADF −22.450*** −22.169*** −18.006*** 
aJ-Band ARCH(10) refer respectively to the empirical statistics of Jarque-Bera test for normality, and Engle LM test for conditional heteroscedasticity. 
***Represents statistical significance at the 1% level. 
 

 
Figure 2. Autocorrelation, partial autocorrelation of log-returns and autocorrelation of squared log-returns.                                              
 
FIGARCH models rather than GARCH models with short memory. 

In this paper, we use three long memory estimation methods. Two semi-parametric methods: 1) the log-peri- 
odogram regression (GPH) test (Geweke and Porter-Hudak [42]) and 2) the Gaussian semi-parametric (GSP) 
test (Robinson [43]), and one non-parametric methods: 3) the modified Rescaled Statistic (R/S) of Lo [44]. 

We apply the three long memory tests to the raw returns and squared returns of the inventories (the latter are 
frequently used as a proxy for financial volatility, e.g., Arouri et al. [14]). The results of the tests are docu-
mented in Table 3. Panel A of Table 3 shows that Lo’s R/S test statistics support the null hypothesis of short 
memory in the returns (except the returns of Oil), whereas the statistics indicate that there is long memory beha-
vior in the volatility process. 

From Panel B and C of Table 3, we can clearly notice that both GPH and GSP tests do not reject the null hy-
pothesis of no long-range dependence in the three inventory returns (except the returns of Oil). For the squared 
return series, the results of the both tests provide strong evidence of long memory in volatility. This finding im-
plies that there is long-range dependence in volatility, which will be better modeled by a FIGARCH type model. 

Overall, the results suggest the ARFIMA-FIGARCH type models are appropriate for accommodating the long 
memory feature of the volatility, as far as the modeling and forecasting of commodity return volatility are con-
cerned. 
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Table 3. Long memory tests resultsa.                                                                                           

 Copper Aluminum Oil 

Panel A: Lo’s R/S Test    

Returns    

q = 1 1.696 1.877 2.404 

q = 5 1.562 1.708 1.829 

q = 10 1.495 1.637 1.519 

Squared Returns    

q = 1 4.238 3.762 3.094 

q = 5 3.139 2.860 2.428 

q = 10 2.602 2.427 1.997 

Panel B: GPH Test    

Returns    

m = T0.5 0.071 [0.517] −0.033 [0.766] 0.099 [0.365] 

m = T0.6 0.153 [0.032] 0.106 [0.133] 0.545 [0.000] 

m = T0.8 0.137 [0.000] 0.118 [0.000] 0.302 [0.000] 

Squared Returns    

m = T0.5 0.287 [0.009] 0.407 [0.001] 0.239 [0.042] 

m = T0.6 0.423 [0.000] 0.232 [0.000] 0.322 [0.000] 

m = T0.8 0.223 [0.000] 0.218 [0.000] 0.207 [0.000] 

Panel C: GSP Test    

Returns    

m = T/4 0.102 [0.000] 0.110 [0.000] 0.266 [0.000] 

m = T/8 0.056 [0.077] 0.018 [0.556] 0.336 [0.000] 

m = T/16 0.122 [0.007] 0.075 [0.010] 0.494 [0.000] 

Squared Returns    

m = T/4 0.234 [0.000] 0.273 [0.000] 0.241 [0.000] 

m = T/8 0.354 [0.000] 0.303 [0.000] 0.314 [0.000] 

m = T/16 0.485 [0.000] 0.292 [0.000] 0.601  [0.000] 
aq denotes the optimal value of the truncation parameter. As the problem of choosing the optimal value of q is not yet solved, it might be useful to ap-
ply several tests and consider a range of values of q. In this paper, we consider in the empirical part three values of q = 1, q = 5 and q = 10. The criti-
cal value of Lo’s modified R/S statistic is 2.098 at the 1% level. Likewise, long memory tests are very sensitive to the selection of bandwidth m for 
the GPH and GSP tests. Thus, the GPH test is applied with different bandwidths: m = T0.5, m = T0.6 and m = T0.8. For the GSP test, it was estimated for 
diverse bandwidths: m = T/4, m = T/8 and m = T/16. T is the total number of observations. The associated p-values are reported in brackets. 

4.3. The Effects of Long Memory on Modeling and Forecasting Marginal Distribution 
4.3.1. The Effects of Long Memory on Estimation Results in Sample 
In this subsection, we compare estimates of long memory volatility models, FIGARCH, and short memory coun-
terparts, i.e., GARCH and IGARCH in terms of various in-sample criteria: LL, AIC, SIC and HQ. Tables 4-6 
present the results of the estimation of the GARCH class models for the Copper, Aluminum and Oil respectively. 
For each table, the best model is given in bold face, for it has higher value of LL, lower values of AIC, SIC and 
HQ. The residuals tests are also carried out to check if the chosen volatility model is the most appropriate. In or-
der to capture skewness and fat-tails, the skewed student t distribution is incorporated into this study. For the Oil, 
the estimations of the long memory GARCH type models with Skewed student t distribution are not computed, 
because the regularity and non-negativity conditions are not observed, thus we suppose the standardized residuals  
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Table 4. Estimation results of long memory FIGARCH and short memory GARCH class models with Skewed-t distribution 
for Coppera.                                                                                                                                        

 FIGARCH GARCH IGARCH 

AR(1) 0.388** (0.193) 0.391** (0.195) 0.393** (0.192) 

AR(2) −0.616*** (0.155) −0.617*** (0.154) −0.618*** (0.152) 

AR(3) −0.378** (0.162) −0.375** (0.164) −0.373** (0.162) 

MA(1) −0.367* (0.199) −0.370* (0.066) −0.372* (0.198) 

MA(2) 0.600*** (0.164) 0.602*** (0.163) 0.603*** (0.161) 

MA(3) 0.414** (0.414) 0.410** (0.175) 0.409** (0.018) 

ω(10−4) 0.034 (0.022) 0.023** (0.010) 0.025** (0.010) 

ARCH( 1φ ) 0.219*** (0.070)   

ARCH(α1)  0.108*** (0.020) 0.102*** (0.018) 

GARCH(β1) 0.697*** (0.098) 0.898*** (0.018) 0.898 
α1 + β1  1.006 1 

d 0.597*** (0.116)   
v 4.398*** (0.374) 4.056*** (0.397) 4.228*** (0.347) 

Log(ξ) −0.063*** (0.024) −0.062*** (0.024) −0.061*** (0.024) 

LL 5811.284 5809.101 5808.879 

AIC −5.808 −5.807 −5.807 

SC −5.774 −5.776 −5.779 

HQ −5.796 −5.796 −5.797 

ARCH(10) 0.604 [0.812] 0.581 [0.831] 0.597 [0.817] 

Q2(20) 17.29 [0.503] 16.243 [0.576] 16.421 [0.563] 

J-B 1048.1*** 1154.4*** 1145.2*** 
aStandard errors are in parentheses (.). v is degree freedom of Skewed t distribution; Log(ξ)denotes the asymmetry parameter of Skewed t distribution. 
LL is the log-likelihood value. AIC, SC and HQ correspond to the Akaike, Schwarz and Hannan-Quinn criteria, respectively. Values in bracket are 
the p-values associated with statistical tests. *, ** and *** represent the significance at the 10%, 5% and 1% levels, respectively. 
 
Table 5. Estimation results of long memory FIGARCH and short memory GARCH class models for Aluminum with skewed-t 
distribution.                                                                                                                                        

 FIGARCH GARCH IGARCH 

AR(1) 0.124*** (0.026) 0.117*** (0.024) 0.122*** (0.026) 

ω(10−6) 0.439 (0.302) 0.836 (0.437)* 0.694** (0.287) 

ARCH( 1φ ) 0.231*** (0.090)   

ARCH(α1)  0.546*** (0.090) 0.220** (0.098) 
GARCH(β1) 0.637*** (0.118) 0.757*** (0.118) 0.780 
α1 + β1  1.303 1 

d 0.716*** (0.085)   

v 3.492*** (0.160) 2.499*** (0.162) 3.203*** (0.156) 

Log(ξ) 0.019 (0.018) 0.019 (0.017) 0.024 (0.019) 

LL 7594.453 7599.887 7583.38 

AIC −7.600 −7.605 −7.590 
SC −7.579 −7.588 −7.589 
HQ −7.592 −7.599 −7.585 

ARCH(10) 0.448 [0.923] 0.597 [0.817] 0.313 [0.978] 

Q2(20) 14.384 [0.704] 15.038 [0.659] 10.769 [0.904] 

J-B 2529.2*** 2635.2*** 2510.4*** 



J. He et al. 
 

 
146 

Table 6. Estimation results of long memory FIGARCH and short memory GARCH class models for Oil with normal distri-
bution.                                                                                                             

 FIGARCH GARCH IGARCH 

AR(1) 0.336*** (0.094) −0.758*** (0.138) −0.759*** (0.141) 

MA(1) −0.576*** (0.143) 0.719*** (0.138) 0.720*** (0.156) 

dm 0.535** (0.211) 0.238*** (0.023) 0.239*** (0.024) 

ω(10−6) 0.440 (0.167) 0.405 (0.316) 0.418*** (0.147) 

ARCH( 1φ ) 0.208** (0.091)   

ARCH(α1)  0.126*** (0.026) 0.120*** (0.019) 

GARCH(β1) 0.827*** (0.036) 0.879*** (0.019) 0.880 

α1 + β1  1.005 1 

d 0.801*** (0.084)   

Log(ξ) 0.019 (0.018) 0.019 (0.017) 0.024 (0.019) 

LL 7719.516 7710.861 7710.444 

AIC −7.724 −7.716 7710.444 

SC −7.704 −7.699 −7.717 

HQ −7.717 −7.710 −7.703 

ARCH(10) 0.224 [0.994] 0.326 [0.974] −7.712 

Q2(20) 14.792 [0.676] 15.203 [0.648] 0.308 [0.980] 

J-B 6458.2*** 6028.3*** 15.093 [0.656] 

 
follow standard normal distribution. That is why we introduce the EVT to model the tail distribution of standar-
dized residuals. 

For Copper, Table 4 shows slight long memory behavior for the raw returns. According to the value of LL, 
AIC and BIC, ARMA(3,3) is the best model to fit the conditional mean equation. With respect to the estimates 
of the conditional variances, we first observe that the fractional difference parameter and other estimated para-
meters via FIGARCH model are significant. Moreover, FIGARCH model outperforms the two short memory 
counterparts in terms of in-sample criteria. It is worth noting that, the stationary condition of volatility for the 
standard GARCH(1,1) model is not guaranteed since the sum of the ARCH and GARCH coefficients is more 
than one (the value is 1.003). According to these findings, we can conclude that, the standard GARCH(1,1) 
model have similar property to that of IGARCH model, which is not suited for out of sample volatility forecast-
ing, especially long-term forecasting. Hence, the FIGARCH model can best model the long memory behavior 
for Copper.  

The results for Aluminum presented in Table 5 are almost similar to those for Copper. For the conditional 
mean, we fit the AR(1) process to capture the autocorrelation of returns, in terms of LL, AIC and BIC. When it 
comes to the conditional variance, the long memory parameter is significant at the 1% level, which indicates the 
presence of long memory in volatility of Aluminum. Moreover, the stationary condition for the standard 
GARCH(1,1) model is also not guaranteed since the sum of the ARCH and GARCH coefficients is more than 
one (the value is 1.303). From the perspective of criteria in-sample, FIGARCH model is preferable to other 
competing models. 

The results for heating oil are finally presented in Table 6. For the conditional mean, we fit the ARFIMA(1,d,1) 
process to capture the long memory and autocorrelation of oil returns, in terms of LL, AIC and BIC. The long 
memory parameters both in conditional mean and conditional volatility are all significant at the 1% level, which 
is consistent with the results of long memory test in Table 3. This finding indicates the presence of dual long 
memory in heating oil. Moreover, the stationary condition for the standard GARCH(1,1) model is not guaran-
teed since the sum of the ARCH and GARCH coefficients is more than one. Hence, the FIGARCH model out-
performs other two competing models according to various in-sample criteria. 
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To sum up, the results of tests applied to standardized squared residuals indicated that FIGARCH(1,d,1) with 
Skewed Student-t distributions (Copper, Aluminum)and normal distribution (Oil) are correctly specified because 
the hypotheses of no autocorrelation and no remaining ARCH effects cannot be rejected in almost all cases. In 
addition, even though residual series still depart from normality, the values of J-B statistics are generally much 
lower than those of the raw returns. 

4.3.2. The Effects of Long Memory on Multi-Period Volatility Forecasts 
In order to further assess the consequences of the specification and also misspecification of the conditional va-
riance equation, out-of-sample multi-period volatility forecasting experiments were conducted. In particular, risk 
holding horizon, as the key variable to long-term risk prediction, is actually a dynamically adjusted period in 
portfolio investment strategy, and it is determined by bank’s risk preference, credit of banks’ counterparts, liquid-
ity of inventory and the overall operation situation of supply chain [45]. As the supply chain finance based on spot 
trading develops more standardized in the age of big data, the liquidity of inventories will be further improved, 
and the risk holding horizon will be gradually shortened. Therefore, we set the risk holding horizon as 1 day (dai-
ly), 5 days (weekly), 10 days (biweekly), 22 days (monthly) and 66 days (quarterly) to make analysis. 

All the models were estimated recursively (iterated approach), with ex ante out of sample forecasts generated 
for daily to quarterly horizons. Indeed, forecast evaluation is a vital component in any forecasting practice. There- 
fore, we propose to examine the forecasting ability of the estimated GARCH-class of models by using three stan-
dard statistical loss functions, the Mean squared error (MSE), Mean Absolute Error (MAE), Root Mean Squared 
Error (RMSE) and Theil Inequality Coefficient (TIC) (for more details, see e.g., Aloui et al. [13], Arouri et al. [14] 
and Charfeddine [16]). Also, the competing models can be completely evaluated by the use of different loss func-
tions that has different interpretations. The best forecasting model is the one that minimizes these loss functions 
computed for multi-period volatility forecasts and the results are presented in the Tables 7-9. 

Based on forecasting experiments, some interesting conclusions can then be drawn. Firstly, jointly accounting 
for long memory is important to volatility forecasting of spot commodity returns, particularly at horizons usually 
of interest, i.e. the monthly and the quarterly. Accounting for long memory can improve specification of the 
models of GARCH family in all the cases. Secondly, when the stationary condition is not guaranteed, in particular,  

 
Table 7. Out of sample forecasting analysis for the long memory and short memory models-Copper.                                                                  

Loss functions criteria 
Risk holding horizon 

1 day 5 days 10 days 22 days 66 days 

MSE(10−9)      

FIGARCH 4.658 41.730 70.080 42.460 25.200 

GARCH 6.269 41.680 67.650 44.580 57.700 

IGARCH 5.684 41.740 68.370 43.600 42.330 

MAE(10−5)      

FIGARCH 6.825 14.480 16.400 13.700 12.850 

GARCH 7.918 15.000 17.000 15.600 21.500 

IGARCH 7.540 14.800 16.770 49.000 18.000 

RMSE(10−5)      

FIGARCH 6.825 14.480 16.400 13.710 12.850 

GARCH 7.918 20.000 20.000 21.000 24.000 

IGARCH 7.540 20.400 26.000 21.000 20.000 

TIC      

FIGARCH 0.433 0.564 0.612 0.564 0.539 

GARCH 0.470 0.540 0.574 0.529 0.601 

IGARCH 0.458 0.548 0.585 0.538 0.573 
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Table 8. Out of sample forecasting analysis for the short memory and long memory models-Aluminum.                                                                  

Loss functions criteria 
Risk holding horizon 

1 day 5 days 10 days 22 days 66 days 

MSE(10−10)      

FIGARCH 1.013 1.661 1.916 1.645 23.820 

GARCH 6.709 24.93 210 63420 2.852e+14 

IGARCH 1.911 2.177 2.417 3.306 11.100 

MAE(10−5)      

FIGARCH 1.006 1.230 1.241 1.146 1.393 

GARCH 2.590 4.263 11.000 146.8 57.28e+05 

IGARCH 1.383 1.468 1.507 1.709 3.043 

RMSE(10−5)      

FIGARCH 1.006 1.289 1.384 1.283 1.543 

GARCH 2.590 4.993 14.49 251.800 168.9e+05 

IGARCH 1.383 1.475 1.555 1.818 3.331 

TIC      

FIGARCH 0.924 0.492 0.467 0.462 0.489 

GARCH 0.969 0.734 0.854 0.993 1 

IGARCH 0.944 0.494 0.457 0.521 0.651 

 
for the Aluminum, the sum of the ARCH and GARCH coefficients is 1.303 and the values of MSE, MAE and 
RMSE are worse than FIGARCH model and IGARCH model, especially in the long term forecasting, i.e. the 
monthly and quarterly.  

Taking account of both in-sample criteria and out-of-sample criteria, the best models to fit three marginal dis-
tributions are ARMA(3,3)-FIGARCH(1,d,1)-skewed-t, AR(1)-FIGARCH(1,d,1)-skewed-t and ARFIMA(1,d,1)- 
FIGARCH(1,d,1)-Gaussian models respectively. The IGARCH(1,1) models come second place, while the 
GARCH(1,1) models are worst. The corresponding standardized residual series can be obtained through the 
above best models. 

4.4. The Effects of Long Memory on Modeling and Forecasting Marginal Distribution 
After using ARFIMA-FIGARCH-EVT models to estimate parameters of marginal distributions of three pledged 
inventories in the first step, we employ IFM method to estimate Copula parameters in the following. First, as 
mentioned in Section 3, we transform the standardized residuals into uniform variables by the semi-parametric 
empirical CDF. Furthermore, we use maximum likelihood estimation to fit the multivariate student’s t Copula 
function, and obtain estimates of the Copula parameters, including the degrees of freedom and the Kendal rank 
correlation matrix. The results are presented in Table 10. For comparison, the Kendal rank correlation coeffi-
cient matrix for standardized residuals derived from the short memory models, i.e. IGARCH, is also shown in 
the Table 11. 

As shown in the Table 10 and Table 11, compared with the case for IGARCH models, Kendal rank correla-
tion coefficient matrix for standardized residuals via long memory FIGARCH models indicate higher degree of 
dependence between Copper and Aluminum, and lower degree of dependence among Oil with the other two 
samples, i.e., Copper and Aluminum. Thus, we can conclude that, the presence of long memory in the mean and 
volatility affects the dependence structure among the returns of pledged inventories. This finding concurs with 
that conclusion of De Melo Mendes and Kolev [46], Boubaker and Sghaier [47]. 
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Table 9. Out of sample forecasting analysis for the short memory and long memory models-Oil.                                                                  

Loss functions criteria 
Risk holding horizon 

1 day 5 days 10 days 22 days 66 days 

MSE(10−10)      

FIGARCH 2.935 91.290 47.590 24.180 16.310 

GARCH 4.421 89.340 47.710 26.370 25.600 

IGARCH 4.198 89.810 47.650 25.640 21.250 

MAE(10−5)      

FIGARCH 1.713 5.590 3.782 2.897 2.914 

GARCH 2.103 5.645 4.058 3.439 4.299 

IGARCH 2.049 9.452 3.994 3.286 3.767 

RMSE(10−5)      

FIGARCH 1.713 9.555 6.899 4.918 4.038 

GARCH 2.103 9.477 6.907 5.135 5.059 

IGARCH 2.049 1.475 6.903 5.063 4.610 

TIC      

FIGARCH 0.979 0.779 0.743 0.707 0.653 

GARCH 0.983 0.749 0.712 0.671 0.651 

IGARCH 0.982 0.756 0.719 0.678 0.645 

 
Table 10. Kendal rank correlation coefficient matrix for standardized residuals (long memory FIGARCH models) through 
t-Copula function (degree of freedom: 9.518).                                                                  

 Copper Aluminum Oil 

Copper 1.000 0.405 0.170 

Aluminum 0.405 1.000 0.119 

Oil 0.170 0.119 1.000 

 
Table 11. Kendal rank correlation coefficient matrix for standardized residuals (IGARCH models) through t-Copula function 
(degree of freedom: 9.926).                                                                                              

 Copper Aluminum Oil 

Copper 1.000 0.402 0.173 

Aluminum 0.402 1.000 0.120 

Oil 0.173 0.120 1.000 

4.5. The Effects of Long Memory on Inventory Portfolio Optimization 
According to the model estimation results based on student’s t Copula function, following the process procedures 
in Subsection 3.3, we simulate the returns of three samples in the future h trading days for 10,000 times1, and then 
obtain the long-term log-returns in the following trading days due to the additivity of log-returns, namely 
long-term log-returns matrix of 3 × 10,000 portfolio. Furthermore, we convert the matrix into arithmetic returns 
matrix. In order to obtain the efficient frontier of portfolio, the stable convergence of arithmetic returns should be 
guaranteed, and therefore we set the interval of the arithmetic returns as [−100%, 100%]. At last, we obtain the 

 

 

1Here we are trading off faster computation time against the accuracy, and select 10,000 simulations in following, which represent a good 
compromise between accuracy and speed. 
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efficient frontier of the inventory portfolio under the optimization framework of Mean-CVaR in different risk 
windows at confidence level of 99% based on internal models recommended by Basel Accord and China Bank 
Regulatory Commission. 

Figure 3 shows two efficient frontiers based on the long-term risk with long memory in volatility 
(FIGARCH(1,d,1) models) and without long memory in volatility (IGARCH models). The efficient frontiers 
offer maximal expected return for some given level of risk and minimal risk for some given level of expected 
return. In this way, we obtained the optimal portfolios. 

According to Figure 3, we obtained two findings. First, as the risk window becomes longer, the discrepancy 
between the efficient frontiers with long memory in volatility and without long memory in volatility become 
lager. This result reveals that, for a given expected return level, the persistence of volatility (long memory) 
masks the real risk level. If we ignore the important salient characteristics, the real risk level will be misesti-
mated, especially in the long-term risk measure, such as monthly and quarterly measure. 

Furthermore, for shorter term risk windows (daily to biweekly), as returns get close to zero, the two efficient 
frontiers are clearly distinct. However, the two efficient frontiers merge gradually as the risk increases, and fi-
nally the efficient frontier based on long memory lies above the short memory efficient frontier. From this phe-
nomenon, we can conclude that, if the bank is conservative (i.e., risk averse), the IGARCH models will underes-  
 

 

  

  
Figure 3. Efficient frontiers for different risk windows in the both cases of with and without long memory.                        
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timate the actual risk level; if the bank is aggressive (i.e., risk lover), the IGARCH models will overestimate the 
real risk level. In contrast, when it comes to the long-term risk windows (monthly to quarterly), the IGARCH 
models will underestimate the real risk level, regardless of that the bank is aggressive or conservative. 

5. A Sensitive Analysis of Long Memory Parameter d 
In this section, we will further investigate the following question: what is the relationship between the degree of 
long memory of FIGARCH(1,d,1) model and the risk term structure of inventory portfolio? To this end, we first 
perform a Monte Carlo simulation to generate the simulation data with different long memory parameters. 

In order to concentrate on the estimation of conditional variance parameters in data generation process, condi-
tional mean was fixed at zero across all the simulation experiments. Moreover, the standardized residuals are 
assumed to follow standard normal distribution2. As noted by Baillie et al. [10], a sufficient condition for 
non-negativity of the conditional variance for the FIGARCH(1,d,1) model requires 0ω > , 1 10 dβ φ≤ ≤ +  and

10 1 2d φ≤ ≤ − . Besides, given the long memory and relatively slow decay of a response to a lagged squared in-
novation, the effect of pre-sample values might have a bigger impact than stationary GARCH process. Thus, 
truncating at a too low lag may destroy important long-run dependencies. To mitigate the effects, we set the 
truncation lag at 1000 for all of the simulation and estimation results below. Moreover, in order to avoid start-up 
problems, we delete the first 2500 realizations of each replication. Taking account of the condition and con-
straints in the foregoing, the model parameters for different data generation process are shown in Table 12. All 
simulations are performed for a sample size of T = 5000. Following the above steps, we construct two groups of 
portfolio: Portfolio A and Portfolio B. Portfolio A consists of four simulation data samples with d = 0.1, 0.3, 0.5, 
0.7 respectively, while Portfolio B consists of four simulation data samples with d = 0.2, 0.4, 0.6, 0.8 respec-
tively. This assumption could ensure that the only difference between Portfolio A and B is the long memory pa-
rameters, while other parameters, 1 1,φ β  and ω  are same. 

In the following, we divide the simulation sample size into two parts: the in-sample (4934 observations) and 
the out-of-sample (66 observations) in each data generation process. Table 13 and Table 14 presents the results 
of the estimation of the FIGARCH(1,d,1) models for the different DGP, respectively. 

As mentioned in the Section 3, following the procedures of hybrid approach above, we obtain the efficient 
frontiers of two groups of portfolio under the optimization framework of Mean-CVaR for different risk windows. 
For sake of brevity, the details are not shown in this paper. 

As presented in Figure 4, it is found that, as the value of long memory parameter d  of simulation data get 
bigger, the corresponding efficient frontier of portfolio B lies always above that of initial portfolio A, whether 
the risk holding horizon is short term (daily), or long-term cases(monthly to quarterly). This finding indicates  
 
Table 12. The parameters design of DGP (Data Generation Process) with standard normal distribution innovation.                  

d φ1 β1 ω 

[0.1, 0.2] 0.4 0.5 10−5 

[0.3, 0.4] 0.3 0.6 10−5 

[0.5, 0.6] 0.2 0.7 10−5 

[0.7, 0.8] 0.08 0.75 10−5 

 
Table 13. Estimation results (in-sample simulation data) of FIGARCH(1,d,1) model for Portfolio A.                                 

DGP ω (10−6) φ1 β1 d LL AIC SC ARCH(10) 

d = 0.1 5.395 0.340 0.450 0.105 19,939.843 −8.081 −8.076 0.328 [0.974] 

d = 0.3 2.982 0.316 0.640 0.320 17,435.686 −7.066 −7.061 0.385 [0.954] 

d = 0.5 4.829 0.233 0.682 0.434 14,366.783 −5.822 −5.817 0.482 [0.903] 

d = 0.7 2.017 0.068 0.772 0.709 14,398.234 −5.835 −5.829 0.447 [0.924] 

 

 

2For sake of space, the data generation process with Skewed student innovation is also simulated; the results are not presented in this paper. 
In fact, the pattern and speed of shocks decay are dominated by 

1
φ , 

1
β  and d. 
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Table 14. Estimation results (in-sample simulation data) of FIGARCH(1,d,1) model for Portfolio B.                                

DGP ω(10−6) φ1 β1 d LL AIC SC ARCH(10) 

d = 0.2 4.002 0.339 0.495 0.239 18,218.543 −7.383 −7.378 0.549 [0.856] 

d = 0.4 3.924 0.223 0.491 0.368 16,101.946 −6.525 −6.520 0.580 [0.832] 

d = 0.6 4.652 0.232 0.659 0.519 12,537.617 −5.081 −5.075 0.747 [0.680] 

d = 0.8 2.724 0.072 0.670 0.707 14,589.883 −5.912 −5.907 0.414 [0.941] 

 

 

  

  
Figure 4. Effect of the long memory degree on efficient frontiers for different risk holding horizon.                                  
 
that, the portfolio Bpossesses higher expected returns and lower risk level. The conclusion is of significant im-
portance to portfolio selection in supply chain finance, particularly the banks and other participants are risk 
averse. From the perspective of long memory inconditional volatility, the portfolio which includes spot com-
modity assets with higher value of long memory parameter will show very promising performance. 

6. Conclusions 
Long memory in volatility is indispensable in modeling and forecasting multi-period volatility. Different from the 
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portfolio optimization in terms of short-term risk measure for financial assets, we proposed an optimization 
framework from the perspective of long-term price risk of inventory portfolio with long memory in volatility, and 
further investigated the impact of long memory on the modeling and forecasting multi-period volatility, the de-
pendence structure and the efficient frontier of inventory portfolio. For this purpose, we established ARFIMA- 
FIGARCH-EVT type models and multivariate student’s t Copula, and proposed a hybrid approach, combining the 
iterated approach with the Monte Carlo simulation method, to measure the long-term price risk of inventory port-
folio. Moreover, we investigated the relationship between the risk holding horizon (the risk level) and the persis-
tence of long memory via data generation process with different fractional parameter. According to the true data 
sample (spot Copper, Aluminum and Oil) and simulation data sample, we obtained two main findings: First, for 
spot commodity with long memory in volatility with parameters 0 1d< < , GARCH(d = 0) and IGARCH(d = 1) 
models will underestimate or overestimate the real risk level of the commodity portfolio, especially for long-term 
risk window; second, through a sensitive analysis of long memory parameter d that other parameters, i.e., 1 1,φ β
and ω  are fixed, the portfolio being composed of commodities with higher greater value of d, indicates a better 
efficient frontier for the portfolio. 

In conclusion, we provide deep insight into the impact of long memory on price risk measure and portfolio 
selection for supply chain finance. This paper also leaves possible extensions for future research. One novel ex-
tension is to investigate whether the long memory observed in the volatility series of spot commodity is a spu-
rious behavior or not, since some research has been skeptical of the validity of the long memory due to the find-
ing of structural breaks, e.g., Charles et al. [15] and Charfeddine [16]. Secondly, the multivariate Archimedean 
Copulas and Vine Copulas can be investigated to capture the dependence structure of inventory portfolio. To 
investigate these issues goes well beyond the scope of the present paper, but represents an interesting avenue for 
further research. 
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